アタイ ブンプ リロン ノ ショモンダイ フクソ キカガク ノ ショモンダイ by 野口, 潤次郎
Title値分布理論の諸問題 (複素幾何学の諸問題)
Author(s)野口, 潤次郎








$\triangle=\{|z|<1\}\subset C$ $d_{\Delta}(\cdot,$ $\cdot)$
$X$ 2 $a,$ $b\in X$ $a$ $b$ $f_{j}$ : $\Deltaarrow X,$ $1\leq i\leq l,$ $(_{j}\in\Delta$
$f_{1}(0)=a$ , $f_{j}(\zeta_{j})=f_{j+1}(0)(1\leq j\leq l-1)$ , $fi(\zeta_{l})=b$
$d_{X}(a, b)=$ $inf\sum_{j=1}^{l}d_{\Delta}(0, \zeta_{j})$
$d_{X}$




1.1. $***)$ ( ) ?
1731 2011 88-95 88
1.2
$\triangle^{*}=\triangle\backslash \{0\}$
1.2. (Kwack, Ann. Math. (1969)) $X$
$f$ : $\triangle^{*}arrow X$ $f:\trianglearrow X$
1.3. $***)E\Subset\triangle$ Cap$E=0$
$X$ $f$ : $\triangle\backslash Earrow X$ $\triangle$
?
(i) (T. Nishino, Bull. Soc. Math. Fr. (1979)) $\dim X=1$ ( ) .
(ii) (Masakazu Suzuki, C.R. (1987, ’88)) $\tilde{X}arrow X$ $\tilde{X}$
$\Omega\Subset C^{n}$
1.4. $**)$ 13 $\tilde{X}arrow X$
(i) $\tilde{X}$ $C^{n}$ hyperconvex domain)
?
(ii) $\tilde{X}$ ?
(iii) ( ) $X$ $P^{n}(C)$ ?




1.5. (Lang ; Noguchi, Internat. J. Math. $(1991);^{\sim}Makoto$ Suzuki, J. Math. Soc.
$Jpn$ . (1994) ( ) $)$ $X$ $f:Yarrow X$
L6. $***)Y$ $X$ $f:Yarrow X$ $(f, X)$
$(f, X)$
$\dim X=1$ Severi $X$
89
1.4 Mordell-Lax g-Bombieri
Mordell G. Faltings Shafarevich
Shafarevich Shafarevich
Hermite (ICM 1962, Stockholm)
1.7. (Hermite) $k’/k$ $k$
$k’$
1.8. (Shafarevich) $R$ $S\subset R$
$g\geq 2$ $\pi$ : $Xarrow R$
(i) $t\in R$ $X_{t}=\pi^{-1}\{t\}$ $g$
(ii) $S$
$(X, \pi, R, S)$
A.N. Parshin Mordell $S=\emptyset$
$S$ SJu. Arakelov (Parshin-Arakelov )
Modell
1.9. $R\supset S$
(i) (Faltings, Invent. Math. (1983)) $\pi$ : $Aarrow R$
$S$ $A(R, S)$
(ii) (Noguchi, Invent. Math. (1988)) A$(R, S)$
$S$ “ ” ?
“ ”
(A.M. Nadel, Ann. Math. (1989); Noguchi,
Internat. $J$ . Math. (1991); To-Hwang )





$\Gamma(R, X)=\{\sigma:Rarrow X;$ $, \pi\circ\sigma=id_{R}\}$
( )
1.11. (Noguchi, Publ. RIMS Kyoto Univ. (1985), Forum Math. (1991)) $X_{t}(t\in$
$R\backslash S)$ $X|_{R\backslash S}$ $S$ $X$
(cf. ibid.; $\dim X_{t}=1$ )
(i) $\Gamma(R, X)$ $\Gamma’$
$X$ $Yarrow R$ Y $\cong$ R $\cross$ Yt
(ii) $\Gamma’$
(i) 1985 (ii) 15
(1991)
$\dim X_{t}=1$ Manin (1963)( Coleman
(1990) ), Grauert (1965)
Lang
1.12. $***)$ (Lang, Bull. AMS (1974)) $X$ $k/Q$ ( )
$k=\rangle C$ $X_{C}$
$X$ $k$ - $X(k))$
1.13. $***)$ (Bombieri 1980) $X$ $k/Q$
$X$ $X(k)$
1.14. $***)$ ( Bombieri ) $Xarrow R$
$\bigcup_{\sigma\in\Gamma(R,X)}\sigma(R)$
15
1.15. $***)$ ( 1970) $X\subset P^{n}(C)$ $\deg X\geq 2n-1(n\geq 3)$
1.16. (Masuda-Noguchi, Math. Ann. (1996)) $d(n)$ $\forall_{d}\geq d(n)$
$d$ $X\subset P^{n}(C)$
91
1.17. (Voisin, J.D.G. (1996$+$ ’98)) $X\subset P^{n}(C),$ $\deg X\geq 2n-1$
$X$
1.18. $***)$ (Green-Griffiths Chern Symp. 1980) $X$
1 $f$ : $Carrow X$ (
)
Green-Griffiths $+$ Voisin $1.17\Rightarrow$ 115.
2 Nevanlinna
2.1. $***$ ) $X$ $n$ $f$ : $Carrow X$
$D= \sum_{i}D_{i}$ $X$ $k=1$ $n$
$T_{f}(r;L(D))+T_{f}(r;K_{X}) \leq\sum_{i}N_{k}(r;f^{*}D_{i})+\epsilon T_{f}(r)||_{\epsilon}$ ,
$\forall_{\epsilon>0}$ .
$T_{f}(r;L(D))$ $L(D)$ $T_{f}(r)$ $X$
$N_{k}(r;f^{*}D)$ $k$ $k=1,$ $n$
21 Green-Griffiths 118 $f$
$X$ $D=0$ $T_{f}(r;K_{X})$ $T_{f}(r)$
$T_{f}(r)\leq\epsilon T_{f}(r)||_{\epsilon}$
21
2.2. (Noguchi-Winkelmann-Yamanoi, Acta (2002), Forum Math. (2008); Yamanoi,
Forum Math. (2006) $)$ $A$ $Z\subset A$
( ) $\overline{A}\supset\overline{Z}$
$f$ : $Carrow A$
(i) codim $Z=1$
. $T_{f}(r;L(\overline{Z}))\leq N_{1}(r;f^{*}Z)+\epsilon T_{f}(r).||_{\epsilon}$, $\forall_{\epsilon}>0$ .
(ii) codim $Z\geq 2$




2.3. (Siu-Yeung, Math. Ann. (1996); Noguchi, Math. Z. (1998)) $A$
$D$ $A$ $f$ : $Carrow A\backslash D$
2.4. $**)A,$ $D$ $A\backslash D$ ?
2.5. $**)\overline{A}\supset\overline{Z}$ 22 $Z$ $\partial A=\overline{A}\backslash A$
$f$ : $Carrow\overline{A}$ $(k=1$ $\dim A)$
$T_{f}(r;L(\overline{Z}))+T_{f}(r;K_{X})\leq N_{k}(r;f^{*}\overline{Z})+N_{k}(r;f^{*}\partial A)+\epsilon T_{f}(r)||_{\epsilon}$ , $\forall_{\epsilon}>0$ .
22 (Yamanoi, Forum Math. (2004))
(Corvaja-Noguchi, Preprint2009, to appear in Math. Ann)
2.6. (Corvaja-Noguchi, ibid.) $f,$ $g:Carrow c*$ $Suppf^{*}\{1\}=$
$Suppg^{*}\{1\}$ $f(z)=g(z)$ $=1/g(z)$
Erd\"os
Erd\"os Problem (1988). $x,$ $y\in N$ $n\in N$ $x^{n}-1$ $y^{r\iota}-1$
$x=y$ ?
(Corvaja-Noguchi, ibid)
2.7. (H. Cartan, C.R. (1927); R. Nevanlinna, Le Th\’eor\‘eme de Picard-Borel...,
1929) $C$ i, $1\leq i\leq 3$ 3 $a_{i}\in\hat{C},$ $1\leq$
$i\leq 3$ $f$ : $Carrow\hat{C}$
$f^{*}a_{i}=\Xi_{i}$ , $1\leq i\leq 3$
2
2.8. $**)$
$Suppf^{*}a_{i}=Supp$ i, $1\leq i\leq 3$
?
22 (Noguchi-Winkel-
mann-Yamanoi, J. Math. Pure $App.\cdot(2007))$
2.9. $D= \sum_{i=1}^{q}D_{i}\subset P^{n}(C)$ ($D_{i}$ ) $q\geq n+1$
($q=n+1$ $q>n+1$ Log-Bloch-Ochiai )
$\deg D\geq n+2$ $f$ : $Carrow P^{n}(C)\backslash D$
93
$D$ $D_{i}$
$h(\geq 1)$ $h$ $D= \sum_{i}D_{i}$ “
” $q>n+1$ 29 $D= \sum_{i=1}^{q}D_{i}$
( $\cdot.\cdot$ $\overline{q}(P^{n}(C)\backslash D)>n$ Log-Bloch-Ochiai )
2.10. $*)$ ( ) $D= \sum_{i=1}^{n+1}D_{i}\subset P^{n}(C)$
2.9 ? $\overline{\kappa}(P^{n}(C)\backslash D)>0$ (cf. ibid.)
$q$
2.11. $**)$ 29 $q=n$ ?
$P^{2}(C)$ 4 Borel
2 1 2 $C_{1}$ 2
$q=3,$ $\deg=4$ 29 M. Green (1974)
2 1 2 $C_{2}$
212. $**)$ $f:Carrow P^{2}(C)\backslash (C_{1}\cup C_{2})$ ?
(cf. E. Rousseau, Nagoya Math. $J$ .
(2009) $)$
2.13. $**)D= \sum_{i=1}^{n}D_{i}\subset P^{n}(C)$ $\deg D\geq n+2$
$f$ : $Carrow P^{n}(C)\backslash D$ ?
( ) $f^{*}D$
$f$ S. Lang “Introduction to
Transcendental Numbers“, Addison-Wesley, 1966, 3 $\circ$
Independently of transcendental problem one can raise an interesting ques-
tion of algebraic-analytic nature, namely given a l-parameter subgroup of an
abelian variety (say Zariski dense), is its intersection with a hyperplane section
necessarily non-empty, and infinite unless this subgroup is algebraic?





2.14. (Corvaja-Noguchi, ibid.) $f:Carrow A$
$D\subset A$ St$(D)=\{a\in A;a+D=D\}$
$D$ $D’$ $f(C)\cap D’$
$D’$
$\dim A\geq 2$ $f(C)\cap D’$
$A=(C^{*})^{n}$ $P^{n}(C)$
2.15. $***)D= \sum_{i=1}^{n+2}D_{i}\subset P^{n}(C)$ $f:Carrow P^{n}(C)$
$f(C)\cap D$ ? $D_{i}$ $f(C)\cap D_{i}$ $D_{i}$
?
215 $D_{i}$
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